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FIELD OF INVENTION . 

[0001] This invention relates to a graphic engine for rendering images on a resource-constrained 
device such as a cellular phone or a handheld. 

DESCRIPTION OF RELATED ART 

[0002] Graphic engines are used to transform (e.g., vector-based graphical) data in graphic files, 
such as edges and fill styles, into a raster image (i.e., pixel values) for display on a screen. As 
portable devices such as cellular phones and handhelds (e.g., a Palni devices) become increasing 
popular, these devices are expected to handle more and more complicated graphics despite their 
slow processors and limited memories. Thus, what is needed is a graphic engine for portable 
devices that provides good rasterization while utilizing limited resources. 

BRIEF DESCRIPTION OF THE DRAWINGS 

[0003] Fig. 1 is a flowchart of a method implemented by a graphic engine for rendering an 
image file in one embodiment of the invention. 

[0004] Figs. 2A and 2B are a flowchart of a method to rasterize an edge in one embodiment of 
the invention. 

[0005] Figs. 3 and 4 illustrate the application of the method of Figs. 2 A and 2B to rasterize 
straight edges in one embodiment of the invention. 

[0006] Fig. 5 is a flowchart of a method used to approximate a curved edge with straight edges 
in one embodiment of the invention. 
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[0007] Fig. 6 is a flowchart of a method to spHt a curved edge with a y-inflection into two y- 
monotone curved edges in one embodiment of the invention. 

[0008] Fig. 6A illustrates a curved edge that is divided into two monotone curved edges in one 
embodiment of the invention. 

[0009] Figs. 7A, 7B, 7C, and 7D illustrate the application of the method of Fig. 5 to a curved 
edge in one embodiment of the invention. 

[0010] Fig. 8 is a flowchart of a method to handle sub-pixel regions created by edges in a pixel 
in one embodiment of the invention. 

[0011] Figs, 9 A, 9B, 9C, 9D, 9E, and 9F illustrate the application of the method of Fig. 8 to 
edges in a pixel in one embodiment of the invention. 

[0012] Figs. lOA, lOB, IOC, lOD, lOE, and lOF illustrate the application of the method of Fig. 8 
to edges in a pixel in one embodiment of the invention 

[0013] Figs. 1 1 A and 1 IB are flowcharts of a method to fill in pixels untouched by edges in a 
sccm line in one embodiment of the invention, 

[0014] Fig. 12 illustrates the application of the method of Figs. 1 1 A and 1 IB to pixels untouched 
by edges in one embodiment of the invention. 

SUMMARY 

A pproximating A Quadratic Bezier Curve 

[0015] In one embodiment of the invention, a method for approximating a quadratic Bezier 
curve represented by a first anchor point, a control point, and a second anchor point includes 
determining a flatness of a line formed between the first anchor point and the second anchor 
point. The flatness is a quotient of (1) a triangular area formed by the first anchor point, the 
control point, and the second anchor point divided by (2) a distance between the first anchor 
point and the second anchor point. If the flatness is less than a threshold, the method further 
includes replacing the quadratic Bezier curve with an edge between the first anchor point and the 
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second anchor point. If the flatness is greater than a threshold, the method further includes 
dividing the quadratic Bezier in a depth-first manner. 

DETAILED DESCRIPTION 

[0016] In accordance with the invention, a graphic engine is provided to render a graphic file for 
display on a device with limited resources. Such a device may be a cellular phone or a handheld 
having a slow processor and a small amount of memory. The minimum hardware requirements 
for the graphic engine depend on the actual screen size. In one embodiment, the minimum 
hardware requirements for a cellular phone or a handheld include a 50 MHz processor without a 
floating point coprocessor, 400K of RAM (random access memory), and lOOK of hard disk 
space. 

[0017] The graphic file to be rendered is typically saved in a vector format such as the 
Macromedia Flash file format (SWF). The graphic file includes a collection of shapes each 
defined by a list of edges called a path. The path may contain a mixture of straight edges and 
curved edges. The straight edge can be defined by a starting point and an end point. The curved 
edges can be a quadratic Bezier curve defined by two anchor points that are on the path and one 
control point that is off the path. Each edge can be further defined by two fill styles, one on each 
side of the edge. 

[0018] Fig. 1 is a method 100 implemented by a graphic engine for rendering the graphic file in 
one embodiment of the invention. The graphic engine can be implemented by software, 
hardware, or a combination thereof. In method 100, the graphic engine uses a fixed point 
representation call "GFIXED," instead of floating point representation, for geometric points in 
the graphic file. In the fixed point representation, the graphic engine stores a geometric point 
using 32 bits including (1) 1 bit for the sign (+/-), (2) 15 bits for decimal digits, and (3) 16 bits 
for integer digits. Thus, the integer portion can represent value range [-64K, 64k], and the 
decimal portion can have the precision of (±1/32K). Typically, the integer portion corresponds 
to pixel locations and the decimal portion corresponds to sub-pixel locations of the geometric 
points. 
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[0019] In step 102, the graphic engine activates a 2D graphic object for rasterizing. To active a 
2D graphic object, the graphic engine "hangs" each edge (straight or curved) to the topmost 
horizontal scan line that the edge intersects in a graphic frame. In other words, the graphic 
engine associates each edge to the topmost horizontal scan line where the edge starts. The 
graphic engine then organizes the edges into scan line edge lists that each corresponds to one 
horizontal scan line. 

[0020] In step 104, the graphic engine starts to loop through each scan line edge list in the 
graphic frame. Typically, the graphic engine starts with the top scan line edge list. 

[0021] In step 106, the graphic engine updates an active edge list by adding to it all the edges 
that appear in the current scan line and removing from it all the edges that ended in the previous 
scan line. The graphic engine also adds new edges that start in the current scan line by moving 
the edges in the current scan line edge list to the active edge list. Thus, the active edge list 
includes all the edges that are to be rasterized. 

[0022] In step 108, the graphic engine determines if the active edge list is empty. If the active 
edge list is empty, then there are no edges to be rasterized in the current scan line and step 108 is 
followed by step 104 where the graphic engine selects the next scan line edge list. Otherwise 
step 108 is followed by step 110 where the graphic engine starts to rasterize each edge in the 
active edge list. 

[0023] In step 1 10, the graphic engine starts to loop through each active edge in the active edge 
list. The graphic engine can process the active edges in any order. 

[0024] In step 1 12, the graphic engine determines if the current active edge is a curved edge. If 
the current active edge is a curved edge, then step 1 12 is followed by step 1 14. Otherwise step 
11 2 is followed by step 116. 

[0025] In step 1 14, the graphic engine approximates the curved edge with straight edges. The 
graphic engine does this by dividing the curved edge into straight edges and updating the active 
edge list with the newly created straight edges. One embodiment of step 1 14 is described later in 
reference to Figs. 5 and 6. Step 1 14 is followed by step 110 where the graphic engine selects the 
next active edge. 
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[0026] In step 116, the graphic engine rasterizes the current scan line by calculating the 
projected area of each edge in each pixel of the current scan line. One embodiment of step 1 16 is 
described later in reference to Figs. 2A and 2B. 

[0027] In step 1 18, the graphic engine removes the current active edge if it has been completely 
rasterized for the current scan line. 

[0028] In step 120, the graphic engine loops back to step 1 10 if there is another active edge in 
the active edge list to be rasterized. Otherwise step 120 is followed by step 122. 

[0029] In step 122, the graphic engine fills pixel cells in a cell buffer with fill style information 
and then uses the fill style information to fill the corresponding pixels in the current scan line. 
One embodiment of step 122 is described later in reference to Fig. 8. 

[0030] In step 124, the graphic engine loops back to step 104 if there is another scan line to be 
rasterized. Otherwise step 124 is followed by step 126 where the graphic engine ends the 
rasterization. 

Rasterizing A Straight Edge 

[0031] Figs. 2A and 2B is a flowchart of a method 200 implemented by the graphic engine in 
step 116 (Fig. 1) to rasterize a straight edge in one embodiment. Specifically, the graphic engine 
uses method 200 to calculate an area projected by the edge in the pixel it touches. In method 
200, the graphic engine only calculates the area projected to the right of the edge while the area 
projected to the left of the edge is simply the difference between the pixel unit area and the 
projected area to the right of the edge. Furthermore, each pixel is assumed to have a unit height 
and width of one, or GF ONE (i.e., integer one in GFIXED format). In addition, method 200 is 
implemented for x-major lines but a corresponding method for y-major lines can be similarly 
implemented by one skilled in the art. At this point, the graphic engine just has the start point 
and the end point of the edge in the graphic frame. 

[0032] Before the steps of method 200 are described, the definitions of variables used are first 
illustrated in reference to Figs. 3 and 4. 
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• x current - the x coordinate value of a point on an edge being processed (hereafter 
"current point") (e.g., method 200 will iterate through points PO, PI, P2, P3 in Fig. 3, and 
points P4, P5, P6, P7, P8, and P9 in Fig. 4). 

• y current - the y coordinate value of the current point. 

• dxO - the distance along the x-direction (i.e., the major direction) from the current point 
to a corresponding pixel border, wherein the corresponding pixel border is the left pixel 
border if the edge is traveling to the right, and the corresponding pixel border is the right 
pixel border if the edge is traveling to the left. 

• dyO - the distance along the y-direction (i.e., the minor direction) from the current point 
to a Y-intercept of the edge to the corresponding pixel border. 

• areaO - an excessive area that must be removed from the unit area projected by the edge 
in the first pixel that the edge touches; a portion of the unit area that begins before the 
start of the edge. 

• dxl - the distance along the x-direction from the current point to a corresponding pixel 
border, wherein the corresponding pixel border is the left pixel border if the edge is 
traveling to the left, and the corresponding pixel border is the right pixel border if the 
edge is traveling to the right. 

• dy 1 - the distance along the y-direction fi-om the current point to a Y-intercept of the 
edge to the corresponding pixel border. 

• areal - an excessive area that must be removed from the unit area projected by the edge 
in the last pixel that the edge touches (Fig. 3 only); a portion of the unit area that begins 
after the end of the edge. 

• dx_imit_step - the unit step across one pixel width in the x-direction. 

• dx left - the distance along the x-direction before reaching the end point of an edge (not 
shown). 



-6- 



ARC-P121 



• dy metering - the distance along the y-direction used to determine when an edge reaches 
the next scan line. 

• dy step - the travel in the y-direction along an edge across the width of the pixel (not 
shown). 

• da unit step - the unit area projected by a unit step of an edge across the width of the 
pixel. 

• dx ~ the distance along the x-direction between two adjacent points on an edge. 

• dy - the distance along the y-direction between two adjacent points on an edge. 

• area exceeded - an area projected by an edge that extends from a pixel in one scan line 
to a pixel in another scan line in one unit step (Fig. 4 only). 

• da - a variable used to track the area projected to the right of an edge in the pixel. 

• carryover area - an area projected onto a pixel by a portion of an edge in a previous pixel 
in the same scan line. 

[0033] Method 200 is now described in reference to Figs. 2 A and 2B. In step 201, the graphic 
engine computes some variables and initializes other variables for the starting point of the edge 
in the current scan line as follows: 

• Initialize x_current = x-coordinate of the first point of the edge in the scan line, wherein 
the current point is the start point of the edge if the edge has not been processed before, 
or the last point of the edge processed from the previous scan line. 

• Initialize y current = y-coordinate of first point. 

• Compute dxO from x_current. Parameter dxO is the fractional value of the x current if 
the edge is going right and away from the left pixel border. Parameter dxO is the 
difference between the fractional value of x current and GF ONE if the edge is going 
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left and away from a right pixel border. Parameter dxO is only initialized for the first 
pixel that the edge touches, and once per edge, 

• Compute dxl from x end only if the edge starts and ends within one single pixel. 
Otherwise dxl is initialized to be 0. 

• Initialize dx_left = x_end - x_current, where x end is the x coordinate of the end point of 
the edge. 

• Initialize dy metering = fraction (y_current), i.e., initialize dy_metering as the fractional 
part of y_current. 

• Initialize dy step = abs (slope), i.e., initialize dy_step as the absolute value of the slope of 
the edge. 

• Initialize da unit step = abs (slope/2). 

• Initialize dx = dx_unit_step. 

• Initialize dy = dystep. 

• Initialize da = da unit step. 

• Initialize carryover_area as 0. 
Step 201 is followed by step 202. 

[0034] In step 202, the graphic engine determines if there is an exceeded area from a previous 
scan line. The exceeded area would have been previously calculated in a step 244 (described 
later) and saved in a step 245 A (described later) in iterations through a previous scan line if the 
same edge extended into the current scan line in one unit step in the x-direction. If there is an 
exceeded area from a previously scan line, step 202 is followed by step 203. Otherwise step 202 
is followed by step 205. 

[0035] In step 203, the graphic engine saves the exceeded area (i.e., area_exceeded) as the 
projected area of edge in the current pixel. Step 203 is followed by step 228. 
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[0036] In step 205, the graphic engine determines if the current point is a starting point of the 
edge located inside the current pixel (i.e,, not on a pixel border). To do so, the graphic engine 
determines if the current point is on a left border of the current pixel if the edge is traveling to the 
right, or a right border of the current pixel if the edge is traveling to the left. In these two 
scenarios, dxO is equal to 0 and step 205 is followed by step 216. If dxO is not equal to 0, then 
the current point is not on either the left or right border of the current pixel and step 205 is 
followed by step 206. 

[0037] In step 206, the graphic engine determines the y distance from the current point to a Y- 
intercept of the edge to the corresponding border in step 205. Specifically, the graphic engine 
computes dyO. Step 206 is followed by step 208. 

[0038] In step 208, the graphic engine determines a first area ("areaO") that should not be 
included in the projected area of the edge in the current pixel. The first area is a portion of the 
unit area that begins prior to the start of the edge. 

[0039] If dx is greater than zero (i.e., the edge is going from left to right), then the graphic 
engine calculates areaO as follows: 



If dx is less than zero (i.e., if the edge is going from right to left), then the graphic engine 
calculates areaO as follows: 



areaO 



= dyO- 



dxO X dyO 
2 



(1.1) 



areaO = 



dxO X dyO 
2 



(1.2) 



Step 208 is followed by step 210. 



[0040] In step 210, the graphic engine decrements dx by dxO, and decrements dy by dyO. The 
graphic engine later uses dx and dy to determine the coordinates of the next point to be processed 
in method 200. Step 210 is followed by step 214. 
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[0041] In step 214, the graphic engine decrements a unit area projected by the edge in one pixel 
by areaO to get the actual area projected by the edge in the current pixel. Specifically, the 
graphic engine decrements da by areaO. Step 214 is followed by step 215. 

[0042] In step 215, the graphic engine sets dxO equal 0 because the loop through steps 206 to 
214 is only performed once for the starting point of an edge that does not begin on a 
corresponding border of the pixel. Step 215 is followed by step 216. 

[0043] In step 216, the graphic engine determines if the current point is an end point of the edge 
located inside the current pixel. To do so, the graphic engine determines if the current point is on 
a left border of the current pixel if the edge is traveling to the left, or a right border of the current 
pixel if the edge is traveling to the right. In these two scenarios, dxl is equal to 0 and step 216 is 
followed by step 228. If dxl is not equal to 0, then the current point is not located on either the 
left or right border of the current pixel and step 216 is followed by step 218. As explained 
above, dxl is calculated in step 201 if the edge starts and ends within one single pixel, or in step 
250 when the next pixel is the last pixel that the edge touches. 

[0044] In step 218, the graphic engine determines the y distance from the current point to a Y- 
intercept of the edge to the corresponding border in step 216. Specifically, the graphic engine 
computes dy 1 . Step 218 is followed by step 220, 

[0045] In step 220, the graphic engine determines a second area ("areal") that should not be 
included in the projected area of the edge in the current pixel. The second area is a portion of the 
unit area that begins after the end of the edge. 

[0046] If dx is greater than zero, then the graphic engine calculates areal as follows: 



areal - 



dxl X dyl 

~~2 



(2.1) 



If dx is less than zero, then the graphic engine calculates areal as follows: 



areal - dyl - 



dxl X dyl 



(2.2) 
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Step 220 is followed by step 222. 

[0047] In step 222, the graphic engine decrements dx by dxl, and decrements dy by dyl. The 
graphic engine later uses dx and dy to determine the coordinates of the next point to^be processed 
in method 200. Step 222 is followed by step 226. 

[0048] In step 226, the graphic engine decrements the unit area projected by the edge in one 
pixel by areaO to get the actual area projected by the edge in the current pixel. Specifically, the 
graphic engine decrements da by areaO. Step 226 is followed by step 228. 

[0049] In step 228, the graphic engine increments the projected area with any carryover area 
(i.e., carryover area) from the previous pixel. In each iteration, the carryover area is calculated 
in a previously iteration at step 25 1 (described later). Step 228 is followed by step 230. 

[0050] In step 230, the graphic engine moves along the edge from the current point to the next 
point that is located on the common border between the current pixel and the next pixel. 
Specifically, the graphic engine increments x current by dx, and y_current by dy. Step 230 is 
followed by step 234. 

[0051] In step 234, the graphic engine tracks the vertical location of the next point in the scan 
line so the graphic engine knows if the next point, and thus the edge, has moved into the next 
scan line. Specifically, the graphic engine increments dy metering by dy. Step 234 is followed 
by step 238. 

[0052] In step 238, the graphic engine determines if the next point has moved into the next scan 
line. To do so, the graphic engine determines if dy metering is greater than the height of one 
pixel, which is GF ONE. If dy_metering is greater than GF ONE, then step 238 is followed by 
an optional step 239 where the graphic engine proceeds to calculate an exceeded area. Otherwise 
step 238 is followed by step 246. 

[0053] In optional step 239, the graphic engine sets a flag for the edge in the current pixel that 
tells the graphic engine to calculate a parameter "sum_fill." Described later in reference to Figs. 
8, 1 1 A, and 1 IB, the graphic engine uses parameter sum fill to determine how to fill a pixel that 
does not include any edges. Step 239 is followed by step 240. 
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[0054] In step 240, the graphic engine determines how much the edge extends into the next scan 
Hne. To do so, the graphic engine decrements dy metering by the height of one pixel, which is 
GF_ONE. Step 240 is followed by step 242. 

[0055] In step 242, the graphic engine determines the exceeded area. If dx is greater than zero 
and dxl is equal to 0, then the graphic engine computes the exceeded area as follows: 

. , dy metering ^ 

area_exceeaed = — . (3) 

2 X slope 

If dx is greater than zero but dxl is not equal to 0, then the graphic engine computes the 
exceeded area as follows: 

dy THctcrivi^^ 

area exceeded = dy _ metering x dxl . (4) 

2 X slope 

If dx is less than zero and dxl is equal to 0, then the graphic engine computes the exceeded area 
as follows: 

area exceeded ^ dyjnetering - - ^^^^^^^S j ^ 

2 X slope 

If dx is less than zero but dxl is not equal to 0, then the graphic engine computes the exceeded 
area as follows: 

area exceeded = dyjnetering - ~ metering — metering x dxl . (5.2) 

2 X slope 

The exceeded area is saved in memory for use in the next scan line. Step 242 is followed by step 
244. 

[0056] In step 244, the graphic engine decrements the unit area projected by the edge in one 
pixel by the exceeded area to get the actual area projected by the edge in the current pixel. 
Specifically, the graphic engine decrements da by area exceeded (or area_exceeded' when the • 
edge travels to the left). Step 244 is followed by step 245. 
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[0057] In step 245, the graphic engine saves da as the actual area projected by the edge in the 
current pixel. Step 245 is followed by step 245 A. 

[0058] In step 245 A, the graphic engine saves the exceeded area from step 242 for the next scan 
line. As previously mentioned in step 202, the exceeded area is used as the projected area of the 
edge in the pixel that it touches in the next scan line. Step 245A is followed by step 245B. 

[0059] In step 245 B, the graphic engine calculates the carryover area from the exceeded area for 
an adjacent pixel. If dx is greater than zero, then the carryover area is calculated as follows: 

carryover _ area - dy _ metering . (5.3) 
If dx is less than zero, then the carryover area is calculated as follows: 

carryover _ area = GF _ ONE -dy _ metering . (5.4) 
Step 245B is followed by step 254, which ends method 200. 

[0060] In step 246, the graphic engine saves da as the actual area projected by the edge in the 
current pixel. Step 246 is followed by step 247. 

[0061] In step 247, the graphic engine updates the distance to the end of the edge. Specifically, 
the graphic engine decrements dx left by dx: Step 247 is followed by step 248. 

[0062] In step 248, the graphic engine determines if it has reached the end of the edge. 
Specifically, the graphic engine determines if dx left is equal to 0. If so, step 248 is followed by 
254, which ends method 200. If dx left is not equal to 0, then step 248 is followed by step 250. 

[0063] In step 250, the graphic engine determines dxl only if the next pixel is the last pixel that 
the edge touches. The graphic engine knows that the next pixel is the last pixel when dx_left is 
less than or equal to the width of one pixel (e.g., GF ONE). Step 250 is followed by step 25 1 . 

[0064] In step 25 1 , the graphic engine calculates the carryover area for the edge in the next pixel 
The graphic engine calculates the carryover area by incrementing the carryover area by dy . The 
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carryover area is used in the next iteration at step 228 to determine the total projected area of the 
edge in a pixel. 

[0065] In step 252, the graphic engine reinitiaUzes some of the variables for the next iteration 
through method 200 for the next point as follows: 

• Reinitialize dx = dx_unit_step. 

• Reinitialize dy = dy_step. 

• Reinitialize da = da unit step. 

Step 252 is followed by step 205 and the method repeats until the edge has been processed for all 
the pixels it touches. 

Example 1 

[0066] To illustrate a scenario where the starting point and the end point of an edge are not 
located on pixel borders, method 200 is now explained in reference to Fig. 3. The image file 

provides an edge POPS that has a starting point PO in pixel 0 and an end point P3 in a pixel 2. 

Edge P0P3 intersects the border between pixels 0 arid 1 at a point PI, and the border between 
pixels 1 and 2 at a point P2. Points PI and P2 are conventionally calculated from points PO and 
P3, and the slope of edge P0P3 . 

[0067] In a first iteration through method 200, the graphic engine processes the portion of edge 

P0P3 in pixel 0. In step 201, the graphic engine computes and initializes the variables for point 

PO. Most notably, the graphic engine computes dxO. As the edge does not start and end within 
one pixel, dxl is initialized as 0. In step 202, the graphic engine determines there is no exceeded 

area fi-om rasterizing a previous scan line because edge P0P3 starts in the current scan line. 

Thus, step 202 is followed by step 205. In step 205, the graphic engine determines that dxO does 
not equal to 0 because point PO is not located on the left border of pixel 0. Thus, step 205 is 
followed by step 206. In step 206, the graphic engine computes dyO for point PO. In step 208, 
the graphic engine computes areaO from dyO. In step 210, the graphic engine decrements dx by 
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dxO, and dy by dyO. In step 214, the graphic engine decrements da by areaO, which is not part of 
the area projected by edge P0P3 in pixel 0. In step 215, the graphic engine sets dxO equal to 0. 

[0068] In step 216, the graphic engine determines that dxl is equal to 0 because point PO is not 
an end point located inside pixel 0. Thus, step 216 is followed by step 228. In step 228, the 
graphic engine increments da by the carryover area, which was initiaUzed to 0. In step 230, the 
graphic engine increments x current by dx, and y current by dy, to advance from point PO in 
pixel 0 to point PI in pixel 1. In step 234, the graphic engine increments dy_metering by dy to 

track when edge P0P3 reaches the next scan line. 

[0069] In step 238, the graphic engine determines that dy_metering is less than GF_ONE 
because edge P0P3 is still in the current scan line. Thus, step 238 is followed by step 246. In 

step 246, the graphic engine saves the value of da as the area projected by edge P0P3 in pixel 0. 
In step 247, the graphic engine decrements dx_left by dx to track when the end of edge P0P3 
will be reached. In step 248, the graphic engine determines that dx left is not equal to 0 because 
it has not reached the end of edge P0P3 . Thus, step 248 is followed by step 250. In step 250, the 
graphic engine does not calculate dxl because the next pixel (pixel 1) is not the last pixel that 
edge P0P3 touches. In step 251, the graphic engine increments the carryover area, which was 

initialized to 0, by dy. In step 252, the graphic engine reinitializes dx, dy, and da. Step 252 is 
followed by step 205 and the methods repeats for point PI in pixel 1 . 

[0070] In a second iteration through method 200, the graphic engine processes point PI in pixel 
1 . In step 205, the graphic engine determines that dxO is set to 0. Thus, step 205 is followed by 
step 216. In step 216, the graphic engine determines that dxl is equal to 0 because point PI is 
not an end point located inside pixel 1 . Thus, step 216 is followed by step 228. In step 228, the 
graphic engine increments da by the carryover area calculated in the previous iteration at step 
251. In step 230, the graphic engine increments x_current by dx, and y current by dy, to 
advance from point PI in pixel 1 to point P2 in pixel 2. In step 234, the graphic engine 
increments dy_metering by dy to track when edge P0P3 reaches the next scan line. 
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[0071] In step 238, the graphic engine determines that dy metering is less than GF ONE 
because edge P0P3 is still in the current scan line. Thus, step 238 is followed by step 246. In 
step 246, the graphic engine saves the value of da as the projected area by edge P0P3 in pixel 1. 
In step 247, the graphic engine decrements dx left by dx to track when the end of edge P0P3 
will be reached. In step 248, the graphic engine determines that dx left is not equal to 0 because 
it has not reached the end of edge P0P3 . Thus, step 248 is followed by step 250. In step 250, the 

graphic engine calculates dxl because the next pixel (pixel 2) is the last pixel that edge P0P3 
touches. In step 251, the graphic engine increments the carryover area by dy. In step 252, the 
graphic engine reinitializes dx, dy, and da. Step 252 is followed by step 205 and the methods 
repeats for point P2 in pixel 2. 

[0072] In a third iteration through method 200, the graphic engine processes point P2 in pixel 2. 
In step 205, the graphic engine determines that dxO is set to 0. Thus, step 205 is followed by step 
216. In step 216, the graphic engine determines that dxl is not equal to 0 because point P2 is an 
end point located inside pixel 2. Thus, step 216 is followed by step 218. 

[0073] In step 218, the graphic engine determines dyl for point P2. In step 220, the graphic 
engine determines areal from dyl . In step 222, the graphic engine decrements dx by dxl, and dy 
by dyl . In step 226, the graphic engine decrements da by areal , which is not an area projected 

by edge P0P3 in pixel 2. 

[0074] In step 228, the graphic engine increments da by the carryover area calculated in the 
previous iteration at step 25 1 . In step 230, the graphic engine increments x current by dx, and 
y_current by dy, to advance from point P2 in pixel 2 to point P3 in pixel 2. In step 234, the 

graphic engine increments dy metering by dy to track when edge P0P3 reaches the next scan 

line. 

[0075] In step 238, the graphic engine determines that dy metering is less than GF ONE 
because edge P0P3 is still in the current scan line. Thus, step 238 is followed by step 246. In 

step 246, the graphic engine saves the value of da as the projected area by edge P0P3 in pixel 2. 
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In step 247, the graphic engine decrements dx Jeft by dx to track when the end of edge P0P3 
will be reached. In step 248, the graphic engine determines that dx_left is equal to 0 because it 
has reached the end of edge P0P3 . Thus, step 248 is followed by step 254, which ends method 
200. 

Example 2 

[0076] To illustrate a scenario when an edge extends into the next scan line in one unit step, 
method 200 is now explained in reference to Fig. 4. Fig. 4 shows an edge P4P9 having a 

starting point P4 in a pixel 4 and an end point P9 in a pixel 7'. Edge P4P9 intersects the border 

between pixels 4 and 5 at a point P5, the border between pixels 5 and 6 at a point P6, and the 
border between pixels 6 and 6' at a point P7. Points P5, P6, and P7 are conventionally calculated 

from points P4 and P8, and the slope of edge P4P9 . 

[0077] In a first iteration through method 200, the graphic engine starts with the portion of edge 

P4P9 in pixel 4. In step 201, the graphic engine computes and initializes the parameters for 
point P4. Most notably, the graphic engine computes dxO. As the edge does not start and end in 
one pixel, dxl is initialized as 0. In step 202, the graphic engine determines there is no exceeded 
area from rasterizing a previous scan line and proceeds to step 205. In step 205, the graphic 
engine determines that dxO does not equal to 0 because point P4 is not located on the left border 
of pixel 0. Thus, step 205 is followed by step 206. In step 206, the graphic engine determines 
dyO for point P4. In step 208, the graphic engine determines areaO from dyO. In step 210, the 
graphic engine decrements dx by dxO, and dy by dyO. In step 214, the graphic engine 
decrements da by areaO, which is not an area projected by edge P4P9 in pixel 4. 

[0078] In step 216, the graphic engine determines that dxl of point P4 is equal to 0 because point 
P4 is not an end point located inside pixel 4. Thus, step 216 is followed by step 228. In step 
228, the graphic engine increments da by the carryover area, which was initialized as 0. In step 
230, the graphic engine increments x current by dx, and y current by dy, to advance from point 
P4 in pixel 4 to point P5 in pixel 5. In step 234, the graphic engine increments dy metering by 

dy to track when edge P4P9 reaches the next scan line. 
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[0079] In step 238, the graphic engine determines that dy_metering is less than GF^ONE and 
proceeds to step 246. In step 246, the graphic engine saves the value of da as the area projected 
by edge P4P9 in pixel 4. In step 247, the graphic engine decrements dx_ieft by dx to track 

when it reaches the end of edge P4P9 . In step 248, the graphic engine determines that dx left is 

not equal to 0 and proceeds to step 250. In step 250, the graphic engine does not calculate dxl 

because the next pixel (pixel 5) is not the last pixel that edge P4P9 touches. In step 251, the 

graphic engine increments the carryover area, which was initialized to 0, by dy. In step 252, the 
graphic engine reinitializes dx, dy, and da. Step 252 is followed by step 205 and the methods 
repeats for point P5 in pixel 5. 

[00801 The second iteration through method 200 for point P5 in pixel 5 is straight forward and is 
not explained. 

[0081] In a third iteration through method 200, the graphic engine processes point P6 in pixel 6. 
In step 205, the graphic engine determines that dxO is set to 0 and proceeds to step 216. In step 
216, the graphic engine determines that dxl of point P6 is equal to 0 because point 6 is not an 
end point located inside pixel 6. Thus, step 216 is followed by step 228. In step 228, the graphic 
engine computes increments da by the carryover area' calculated in the previous iteration. In step 
230, the graphic engine increments x_current by dx and y current by dy to advance from point 
P6 to point P8. In step 234, the graphic engine increments dy metering by dy to track when 
edge P4P9 reaches the next scan line. 

[0082] In step 238, the graphic engine determines that dy metering is greater than GF ONE 
because edge P4P9 extends into the next scan line in one unit step. Thus, step 238 is followed 

by optional step 239. In optional step 239, the graphic engine sets the flag for parameter 
sum fiU. In step 240, the graphic engine decrements dy_metering by GF ONE. In step 242, the 
graphic engine computes the exceeded area in pixel 6' from dy metering. In step 244, the 
graphic engine decrements da by the exceeded area, which is not part of the area projected by 
edge P4P9 in pixel 6. In step 245, the graphic engine saves da as the area projected by 

edgeP4P9 in pixel 6. In step 245 A, the graphic engine saves the exceeded area of edge P4P9 in 



ARC-P121 



pixel 6' so it can be used when the graphic engine processes edge P4P9 in the next scan hne. In 
step 245B, the graphic engine saves the carryover area projected onto a pixel T by the exceeded 
area in pixel 6', which is simply dy_metering. Step 245B is followed by step 254, which ends 
method 200. 

A pproximating A Quadratic Bezier Curve 

[0083] Fig. 5 is a flowchart of a method 300 implemented by the graphic engine in step 1 14 (Fig. 
1) to approximate a curved edge in one embodiment. Specifically, the graphic engine uses 
method 300 to divide quadratic Bezier curved edge into straight edges. The quadratic Bezier 
curved edge is represented by two original anchor points (e.g., pO and p2 in Fig. 7 A) that are on 
the edge and an original control point (e.g., point pi in Fig. 7A) located off the edge. To 
optimize performance, graphic engine uses method 300 to approximate only y-monotone curved 
edges. 

[0084] In step 301, the graphic engine pushes (i.e., puts) the two original anchor points and the 
original control point into an allocated memory stack. As the graphic engine is part of a 
resource-limited device, the memory stack allocated for method 300 can be small. For example, 
the memory stack may have a depth of 9 and take up a total of 36 bytes. If the graphic engine is 
rendering horizontal scan line from top to bottom, the lower anchor point is first put into the 
memory stack, followed by the control point, and then the upper anchor point. Step 301 is 
followed by step 302. 

[0085] In step 302, the graphic engine pops out (i.e., removes) the top three points from the 
memory stack 332 as variables/points al, c, and a2, where al is a lower anchor point, c is the 
control point, and a2 is an upper anchor point. In a first pass through method 300, the graphic 
engine would remove the two original anchor points and the original control point. In 
subsequent passes when the curved edge is divided by additional points, the graphic engine 
would remove the top three points in the memory stack, which include two anchor points and a 
control point. This allows method 300 to process the curved edge in a depth-first manner. Step 
302 is followed by step 304. 
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[0086] In step 304, the graphic engine computes a flatness F of a triangle formed by the top three 
points al, c, and a2 as follows: 

F{al c, a2) = Sial, c, a2) /\ala2\ , (6) 

where S (al, c, a2) is the area of a triangle formed by points al, c, and a2, and |ala2| is the 

distance between anchor points al and a2. For a quadratic Bezier curve, S (al, c, a2) of the 
original anchor and control points is calculated as follows: 

S(p0,plp2 ) = Abs((x2 -x\)x(y\^ yQ )-(x\-xf))x (y2 -y\)), (7. 1 ) 

where (xO, yO) and (x2, y2) are the coordinates of the original anchor points pO and p2, 
respectively, and (xl, yl) are the coordinates of the original control point pi. Subsequently, any 
triangle formed by dividing an original triangle is calculated as follows: 

S( divided ) = S( original J/S. (7.2) 

Thus, the area of any divided triangle can be easily calculated. Step 304 is followed by step 
306. 

[0087] In step 306, the graphic engine determines if flatness F is less than a threshold. The 
threshold is selected so the straight edges that replace the curved edge would appear smooth 
when rasterized. If flatness F is less than the threshold, then step 306 is followed by step 310. 
Otherwise step 306 is followed by step 308. 

[0088] In step 308, the graphic engine determines if the allocated memory stack is full. If the 
memory stack is fiiU, then step 308 is followed by step 310 because the graphic engine has run 
out of memory to perform further subdivision of the curved edge. If the memory stack is not 
fiiU, step 308 is followed by step 314 where the graphic engine divides the curved edge. 

[0089] In step 310, the graphic engine replaces part of the curved edge with a straight edge 
between anchor points al and a2. The graphic engine does this by adding the straight edge to the 
active edge list. The graphic engine also discards anchor point a2 and control point c, and 
pushes points al back into the memory stack. Step 3 10 is followed by step 312. 



-20- 



ARC-P121 



[0090] In step 312, the graphic engine determines if the topmost point in the memory stack is 
located in the current scan line. If so, step 3 12 is followed by step 302 and method 300 repeats 
until the curved edge has been replaced by straight edges in the current scan line. If the topmost 
point in the memory stack is not located in the current scan line, then method 200 ends in step 
318. 

[0091] In step 314, the graphic engine divides the curved edge with points cl, c2, and c3 as 
follows: 

cl=(al+c)/2; (8) 

c2 = (a2 + c) / 2; and (9) 

c3 = (cl+c2)/2. (10) 

Thxis, the graphic engine forms new anchor points cl and c2 (e.g., intermediate control points), 
and new control point c3 (e.g., intermediate control point). Anchor point cl is the midpoint of a 
line between points al and c, anchor point c2 is the midpoint between points a2 and c, and 
control point c3 is the midpoint between points cl and c2. Step 3 14 is followed by step 316. 

[0092] In step 316, the graphic engine pushes points a2, c2, c3, cl, and al into the memory 
stack, and discards point c. Step 316 is followed by step 302 and method 300 repeats until the 
curved edge has been replaced by straight edges in the current scan line. 

Examples Demonstrating Method 300 

[0093] Method 300 is now explained in reference to Fig. 7A to 7D. In a first loop through 
method 300 that begins in step 301, the graphic engine receives the original anchor points pO and 
p2, and the original control point pi that define a curved edge 330 in Fig. 7 A. The graphic 
engine pushes these points into a memory stack 332. In step 302, the graphic engine pops out the 
top three points (i.e., p2, pi , and pO in Fig. 7A) as points a2, c, and al . In step 304, the graphic 
engine computes the flatness F of the triangle formed by points a2, c, and al . In step 306, the 
graphic engine determines that the flatness F is greater than the threshold and proceeds to step 
308. In step 308, the graphic engine determines that memory stack 332 is not ful] and proceeds 
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to step 314, If memory stack 332 is ever full, then step 308 is followed by steps 310 and 312 as 
described later in a fourth loop. 

[0094] In step 314, the graphic engine divides curved edge 330 with points cl, c3, and c2 (i.e., 
points cl(l), c2(l), and pl(l) in Fig. 7B). In step 316, the graphic engine pushes points a2, c2, 
c3, cl, and al (i.e., points p2, pl(l), c2(l), cl(l), and pO in Fig. 7B) into memory stack 332. 
Note that point c (i.e., point pi in Figs. 7A and 7B) is discarded. Step 316 is followed by step 
302 for a second loop through method 300. 

[0095] In a second loop through method 300 that begins in step 302, the graphic engine pops out 
the top three points (i.e., p2, pl(l), and c2(l) in Fig. 7B) as points a2, c, and al . In step 304, the 
graphic engine computes the flatness F of the triangle formed by points a2, c, and al . In step 
306, the graphic engine determines that the flatness F is greater than the threshold and proceeds 
to step 308. In step 308, the graphic engine determines that memory stack 332 is not full and 
proceeds to step 314. If memory stack 332 is ever full, then step 308 is followed by steps 310 
and 3 1 2 as described later in a fourth loop. 

[0096] In step 314, the graphic engine divides curved edge 330 with points cl, c3, and c2 (i.e., 
points cl(2), c2(2), and pi (2) in Fig. 7C). In step 316, the graphic engine pushes points a2, c2, 
c3, cl, and al (i.e., points p2, pl(2), c2(2), cl(2), and c2(l) in Fig. 7C) into memory stack 332. 
Note that point c (i.e., point pl(l) in Figs. 7B and 7C) is discarded. Step 316 is followed by step 
302 for a third loop through method 300. 

[0097] In a third loop through method 300 that begins in step 302, the graphic engine pops out 
the top three points (i.e., points p2, pl(2), and c2(2) in Fig. 7C) as points a2, c, and al. In step 
304, the graphic engine computes the flatness F of the triangle formed by points a2, c, and al . In 
step 306, the graphic engine determines that the flatness F is greater than the threshold and 
proceeds to step 308. In step 308, the graphic engine determines that memory stack 332 is not 
full and proceeds to step 314. If memory stack 332 is ever full, then step 308 is followed by 
steps 310 and 3 12 as described later in a fourth loop. 

[0098] In step 314, the graphic engine divides curved edge 330 with points cl, c3, and c2 (i.e., 
cl(3), c2(3), and pl(3) in Fig. 7C). In step 316, the graphic engine pushes points a2, c2, c3, cl. 
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and al (i.e., points p2, pl(3), c2(3), cl(3), and c2(2) in Fig. 7D) into memory stack 332. Note 
that point c (i.e., pi (2) in Figs. 7C and 7D) is discarded. Step 316 is followed by step 302 for a 
fourth loop through method 300. 

[0099] In a fourth loop through method 300 that begins in step 302, the graphic engine pops out 
the top three points (i.e., p2, pl(3), and c2(3) in Fig. 7D) as points a2, c, and al . In step 304, the 
graphic engine computes the flatness F of the triangle formed by points a2, c, and al. In step 
306, the graphic engine determines that the flatness F is less than a threshold and proceeds to 
step 310. 

[0100] In step 310, the graphic engine adds an edge between anchor points a2 and al (i.e., points 
p2 and c2(3) in Fig. 7D) to the active edge list. The graphic engine also pushes back point al 
(i.e., point c2(3) in Fig. 7D) into memory stack and discards the top anchor point a2 and control 
point c (i.e., anchor point p2 and control point pi (3) in Fig. 7D). In step 312, the graphic engine 
determines if the next top anchor point is in the current scan line. In this example, the next top 
anchor point (i.e., point c2(3) in Fig. 7D) is assumed to be in the current scan line so step 312 is 
followed by step 302 for another loop through method 300. 

Dividing Curved Edges Into Y-monotone Curves 

[0101] As described above, method 300 is used to divide a y-monotone curved edge into straight 
edges. Thus, a curved edge having a y-inflection point (either a maximum or a minimum) must 
be first divided into two y-monotone curved edges. Fig. 6 illustrates a method 350 for dividing a 
curved edge 380 (Fig. 6 A) into two monotone curved edges. 

[0102] In step 352, the graphic engine determines the y-inflection point. A Bezier curve can be 
represented by a parameter t using the following formula: 

P(t) = Poil-if + 2(l-t)tP, -f t'P2, (11) 

where Po is an anchor point, Pi is a control point, and P2 is another anchor point. The derivative 
of equation (1 1) is: 



P'y(t) = (yi-yo)(i-t)+(y2-yi)t 
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where yO, yl, and y2 are the y-coordinates of points Po, Pi, and P2. Equation (12) is equal to 0 at 
the y-inflection point. Thus, parameter t at the y-inflection point becomes: 

t = (yo-yi)/(y2-2yi+yo). (13) 

[0103] In step 354, the graphic engine determines a new control point Ci, a new anchor point 
Cm, and a new control point C2 as follows; 

Ci=(l-t)Po+tP,, (14) 

C2=(l-t)Pi+tP2,and (15) 

Cm=(l-t)C,+tC2. (16) 

Anchor point Pq, control point Ci, and anchor point Cm form a first monotone curved edge, and 
anchor point Cm, control point C2, and anchor point P2 form a second monotone curved edge. 
These monotone curved edges are then replaced with straight edges using method 300 described 
above. 

Handling Sub-Pixel Regions 

[0104] Fig. 8 is a flowchart of a method 400 implemented by the graphic engine in step 122 (Fig. 
1) to handle sub-pixel regions formed by straight edges in a pixel in one embodiment. Method 
400 is performed for each edge in a pixel. Specifically, the graphic engine uses method 400 to 
calculate the area of each sub-pixel region in a pixel. The graphic engine saves the area and the 
fill style of each sub-pixel region in a pixel cell corresponding to the pixel, wherein a nxmiber of 
the pixel cells make up a scan line cell buffer (e.g., a cell buffer 630 in Fig. 12). Method 400 is 
further repeated for each pixel in a scan line to fill the scan line cell buffers. The sub-pixel 
region areas are used by other algorithms to produce anti-alias lines and anti-alias fills. Please 
note that method 400 is able to process the edges in any order regardless of their geometric 
relationship. Furthermore, method 400 does not calculate any information related to the 
geometric relationship of the sub-regions and the edges (i.e., calculate what is an interior region 
and what is an exterior region), which is very processor and memory intensive. 
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[0105] In step 401, the graphic engine receives a left fill style fi, a right fill style fr of the edge, 
and a projected area prj determined from method 200 (Figs. 2A and 2B) for an edge that touches 
the current pixel. Step 401 is followed by optional step 401 A. 

[0106] In optional step 401 A, the graphic engine determines the parameter sum fill for the 
current pixel in response to the sum_fill flag (set in step 239 in Fig. 2B), the left fill style, and the 
right fill style. Optional step 401 A is later described in reference to Fig. 1 1 A. Optional step 
401 A is followed by step 402. 

[0107] In step 402, the graphic engine determines if the pixel is empty. The pixel is empty if 
there are no sub-pixel regions created by another edge in the pixel. If the pixel is empty, then 
step 402 is followed by step 404. Otherwise step 402 is followed by step 406. 

[0108] In step 404, the graphic engine creates a first sub-pixel region R having fill styles fi and 
an area of (unit area - prj), where imit area is the unit area of the pixel. The graphic engine 
creates a sub-pixel region by saving its fill style and area an entry in a pixel cell corresponding to 
the current pixel. The graphic engine also creates a second sub-pixel region R' having fill style fr 
and an area prj in the current pixel. Step 404 is followed by step 422, which ends method 400. 
Of course, method 400 can be performed for another edge in the pixel or another pixel in the 
scan line. 

[0109] In step 406, the graphic engine determines if there is an existent sub-pixel region R in the 
current pixel with fill style f\. The graphic engine does this by examining the pixel cell of the 
current pixel to see if there is an entry with the same fill style fi. If so, then step 406 is followed 
by step 410. If there is not an existent sub-pixel region R in the current pixel with fill style fi, 
then step 406 is followed by step 408. 

[0110] In step 408, the graphic engine creates a first sub-pixel region having fill style f| and a 
projected area of (unit area - prj) in the pixel cell. Step 408 is followed by step 414. 

[0111] In step 410, the graphic engine adds the area of fill style fi to the area of sub-pixel region 
R having fill style f| in the pixel cell. Step 410 is followed by step 412. 
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[0112] In step 412, the graphic engine modularizes the result of step 410 by the unit area to get 
the total area of sub-pixel region R with fill style fi. Step 412 is followed by step 414. 

[0113] In step 414, the graphic engine determines if there is an existent sub-pixel region R' in 
the current pixel with fill style fr. The graphic engine does this by examining the pixel cell of the 
current pixel to see if there is an entry with the same fill style fr. If so, then step 414 is followed 
by step 418. If there is not an existent sub-pixel region R' in the current pixel with fill style fr, 
then step 414 is followed by step 416. 

[0114] In step 416, the graphic engine creates a second sub-pixel region R' having fill style fr 
and an area prj in the pixel cell. Step 416 is followed by step 422, which ends method 400. Of 
course, method 400 can be repeated for another edge in the pixel or another pixel in the scan line. 

[0115] In step 418, the graphic engine adds the area of fill style fr to the area of sub-pixel region 
R' having fill style fr. Step 41 8 is followed by step 420. 

[0116] In step 422, the graphic engine modularizes the result of step 418 by the unit area of the 
pixel to get the total area of sub-pixel region R' with fill style fr. Step 412 is followed by step 
422, which ends method 400. 

[0117] Method 400 can be repeated for another edge in the pixel until all the edges are 
processed. Method 400 can also be repeated fro another pixel in the scan line until all the pixels 
are processed. 

Example 1 

[0118] Method 400 is now explained in reference to Figs. 9A to 9F. Fig. 9A illustrates four sub- 
pixel regions 452, 454, 456, and 458 formed by three edges 460, 462, and 464 that touch a pixel 
466. Each edge is given it left fill style, its right fill style, and its projected area to the right of 
the edge. 

[0119] In a first iteration through method 400, assume that the graphic engine processes edge 
460. In step 401, the graphic engine receives left fill style 482, right fill style 484, and projected 
area 486 for edge 460, which is graphically shown in Fig. 9B. In optional step 401 A, the graphic 
engine determines parameter sum fill for pixel 466 in response to the sum fill flag for edge 460 
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and fill styles 482 and 484. In step 402, the graphic engine determines if pixel 466 is empty. As 
edge 460 is the first edge processed, pixel 466 is empty. Thus, step 402 is followed by step 404. 
In step 404, the graphic engine creates a first sub-pixel region 488 with fill style 482 and an area 
of (unit area - area 486), and a second sub-pixel region 490 with fill style 484 and an area 486 in 
a pixel cell for pixel 466. Step 404 is followed by step 422, which ends method 400. The result 
at this point is also graphically shown in Fig. 9B. 

[0120] In a second iteration through method 400, assume that the graphic engine processes edge 
462. In step 401, the graphic engine receives left fill style 502, right fill style 504, and projected 
area 506 for edge 462, which is graphically shown in Fig. 9C. In optional step 401 A, the graphic 

engine determines parameter sum fill for pixel 466. In step 402, the graphic engine determines 
if pixel 466 is empty. Pixel 466 is not empty because it has sub-pixel regions 488 and 490 
created by edge 460. Thus, step 402 is followed by step 406. 

[0121] In step 406, the graphic engine determines if there is a sub-pixel region that matches left 
fill style 502 of edge 462. As can be seen, sub-pixel region 488 (Fig. 9B) matches left fill style 
502. Thus, step 406 is followed by step 410. In step 410, the graphic engine adds (imit_area - 
area 506) to the area of sub-pixel region 488, which is (unit area - area 486). In step 412, the 
graphic engine rnodularizes the result of step 410 by the unit_area, which is the new area of sub- 
pixel region 488 graphically shown in Fig. 9D. 

[0122] In step 414, the graphic engine determines if there is a sub-pixel region that matches right 
fill style 504 of edge 462. As can be seen, none of the sub-pixel regions matches right file style 
504 so step 414 is followed by step 416. In step 416, the graphic engine creates a sub-pixel 
region 508 with fill style 504 and projected area 506 in the pixel cell. Step 416 is followed by 
step 422, which ends method 400. The result at this point is graphically shown in Fig, 9D. 

[0123] In a third iteration through method 400, assume that the graphic engine processes edge 
464. In step 401, the graphic engine receives left fill style 522, right fill style 524, and an area 
526 for edge 464, which is graphically shown in Fig. 9E. In optional step 401 A, the graphic 
engine determines parameter sum fill for pixel 466. In step 402, the graphic engine determines 
if pixel 466 is empty. Pixel 466 is not empty because it has sub-pixel regions 488, 490, and 508 
created by edges 460 and 462. Thus, step 402 is followed by step 406. 
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[0124] In step 406, the graphic engine determines if there is a sub-pixel region that matches left 
fill style 522 of edge 462. As can be seen, none of the sub-pixel regions match left file style 522 
so step 406 is followed by step 408. In step 408, the graphic engine creates a sub-pixel region 
528 with fill style 522 and an area (unit area - area 526) in the pixel cell. Step 408 is followed 
by step 414. 

[0125] In step 414, the graphic engine determines if there is a sub-pixel region that matches right 
fill style 524 of edge 464. As can be seen, sub-pixel region 508 (Fig. 9C) matches left fill style 
524. Thus, step 414 is followed by step 418. In step 418, the graphic engine adds area 526 to 
the area of sub-pixel region 508, which is area 506. In step 420, the graphic engine modularizes 
the result of step 41 8 by the unit area, the result of which is the new area of sub-pixel region 
508. The final result of the three loops is graphically shown in Fig. 9F, which is the desired 
output shown in Fig. 9A. 

Example 2 

[0126] Method 400 is now explained in reference to Figs. lOA to lOF. Fig. lOA illustrates three 
sub-pixel regions 552, 554, and 556 formed by three edges 558, 560, and 562 that touch a pixel 
564. Each edge is given it left fill style, its right fill style, and its projected area to the right of 
the edge. 

[0127] In a first iteration through method 400, assume that the graphic engine processes edge 
558. In step 401, the graphic engine receives left fill style 566, right fill style 568, and projected 
area 570 for edge 558, which is graphically shown in Fig. lOB. In optional step 401 A, the 
graphic engine determines parameter sum_fill for pixel 564 in response to the sum_fill flag for 
edge 558 and fill styles 566 and 568. In step 402, the graphic engine determines if pixel 564 is 
empty. As edge 558 is the first edge processed, pixel 564 is empty. Thus, step 402 is followed 
by step 404. In step 404, the graphic engine creates a left sub-pixel region 572 with fill style 566 
and projected area (unit_area - area 570), and a right sub-pixel region 574 v^th fill style 568 and 
projected area 570 in a pixel cell for pixel 564. Step 404 is followed by step 422, which ends 
method 400. The result at this point is also graphically shown in Fig. lOB. 
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[0128] In a second iteration through method 400, assume that the graphic engine processes edge 
560. In step 401, the graphic engine receives left fill style 576, right fill style 578, and projected 
area 580 for edge 560, which is graphically shown in Fig. IOC. In optional step 401 A, the 
graphic engine determines parameter sum fill for pixel 564. In step 402, the graphic engine 
determines if pixel 564 is empty. Pixel 564 is not empty because it has sub-pixel regions 572 
and 574 created by edge 558. Thus, step 402 is followed by step 406. 

[0129] In step 406, the graphic engine determines if there is a sub-pixel region that matches left 
fill style 576 of edge 560. As can be seen, none of the sub-pixel regions matches right file style 
576 so step 406 is followed by step 408. In step 408, the graphic engine creates a sub-pixel 
region 582 with fill style 576 and area (unit_area - area 580) in the pixel cell. Step 408 is 
followed by step 414. 

[0130] In step 414, the graphic engine determines if there is a sub-pixel region that matches right 
fill style 578 of edge 560. As can be seen, sub-pixel region 568 (Fig. lOB) matches right fill 
style 578 so step 414 is followed by step 418. In step 418, the graphic engine adds area 580 to 
the area of sub-pixel region 574, which is area 570. In step 420, the graphic engine modularizes 
the result of step 418 by the unit area, which is the new area of sub-pixel region 574. The result 
at this point is graphically shown in Fig. lOD. Fig. lOD only shows sub-pixel region 574 
because there is ambiguity created by an overlap between sub-pixel regions 572 and 582. As 
will be evident, the next edge will resolve the ambiguity between sub-pixel regions 572 and 582. 

[0131] In a third iteration through method 400, assume that the graphic engine processes edge 
562. In step 401, the graphic engine receives left fill style 584, right fill style 586, and projected 
area 588 for edge 562, which is graphically shown in Fig. lOE. In optional step 401 A, the 
graphic engine determines parameter sum_fill for pixel 564. In step 402, the graphic engine 
determines if pixel 564 is empty. Pixel 564 is not empty because it has sub-pixel regions 572, 
574, and 582 created by edges 558 and 560, Thus, step 402 is followed by step 406. 

[0132] In step 406, the graphic engine determines if there is a sub-pixel region that matches left 
fill style 584 of edge 562. As can be seen, sub-pixel region 572 (Fig. lOB) matches left fill style 
584. Thus, step 406 is followed by step 410. In step 410, the graphic engine adds (unit area - 
area 588) to the area of sub-pixel region 572, which is (unit area - area 570). In step 412, the 
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graphic engine modularizes the result of step 410 by the unit_area, which is the new area of sub- 
pixel region 572. 

[0133] In step 414, the graphic engine determines if there is a sub-pixel region that matches right 
fill style 586 of edge 562. As can be seen, sub-pixel region 582 (Fig. IOC) matches right file 
style 586 so step 414 is followed by step 418. In step 418, the graphic engine adds area 588 to 
the area of sub-pixel region 582, which is (unit_area - area 580). In step 420, the graphic engine 
modularizes the result of step 418 by the unit area, which is the new area of sub-pixel region 
582. The final result of the three loops is graphically shown in Fig. lOF, which is the desired 
output shown in Fig. lOA. 

Fill Style Transferring 

[0134] As previously described above, the pixel cells are only saved ^yith the fill style and the 
area of each sub-pixel region without any information on the geometrical relationship between 
the sub-pixel regions and the edges in the pixel Typically, the geometrical relationship is used 
by conventional graphic engine to determine the fill style of an adjacent pixel untouched by any 
edges. Thus, there is a need for a method that can determine how to fill a pixel untouched by any 
edges even though the geometrical relationship between sub-pixel regions and the edges is not 
calculated. 

[0135] Figs. 1 1 A and 1 IB illustrate steps of a method to determine the fill style of pixels that are 
untouched by any edge in one embodiment. Fig. 1 1 A illustrates a step 401 A that is performed 
between steps 401 and 402 of method 400 in Fig. 8. In step 401 A, the graphic engine creates a 
parameter sum fiU for each pixel cell in buffer 630 (Fig. 12). Each time method 400 processes 
an edge, the graphic engine updates the sum fill. 

[0136] For the method of Figs. 1 1 A and 1 IB to work, the sum_fill is incremented with the 
difference of the right and the left fill styles of an edge only when that edge touches the bottom 
border of a pixel. An edge touches the bottom border of a pixel when its dy_metering is 
determined to be greater than GF ONE in step 238 (Fig. 2B). Thus, the sum fill flag is set in 
step 239 (Fig. 2B) to indicate whether or not an edge touches the bottom border of the pixel. 
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[0137] Referring back to Fig. 1 1 A, in step 614, the graphic engine determines if the sum_fill flag 
was set for the current edge. If the sum fill flag was set, then step 614 is followed by step 615. 
Otherwise step 614 is followed by step 616. 

[0138] In step 615, the graphic engine increments the sum fill by the difference between the 
right fill style (fr) and the left fill style (fi). In step 401 A, the leftmost and rightmost fill styles in 
each scan line is set to null. 

[0139] In step 616, the graphic engine does not increment the sum^fill. Thus, the graphic engine 
uses the sum fill flag to determine whether or not to increment the sum_fill with the difference 
between the right and the left fill styles of each edge in a pixel. The graphic engine will later use 
the sum_fill parameter to determine how to fill a pixel that does not touch any edges. Step 401 A 
and the sum fill parameter are explained later and shown in an example. 

[0140] Fig. 1 IB is a flowchart of a method 600 implemented by the graphic engine in step 122 
(Fig. 1) in one embodiment. In step 602, the graphic engine determines if the current pixel cell 
in the cell buffer (e.g., cell buffer 630 in Fig. 12) has sub-pixel regions. If so, then step 602 is 
followed by step 604. If the present pixel cell does not have sub-pixel regions, then step 602 is 
followed by step 606. A pixel cell has sub-pixel regions if the pixel cell includes fill styles and 
their corresponding areas (e.g., fill style fO and area aO, and fill style fl and area al in Fig. 12). 

[0141] In step 604, the graphic engine increments a parameter "fa" with the sum_fill of the 
current pixel. Parameter fa is the fill style of pixels to the right of the current pixel that are 
untouched by any edges. Step 604 is followed by step 608. 

[0142] In step 606, the graphic engine fills the current pixel cell with the fill style of parameter 
fa. Step 606 is followed by step 608. 

[0143] In step 608, the graphic engine determines if the current pixel cell is the last pixel cell in 
the cell buffer. If not, then step 608 is followed by step 610. Otherwise step 608 is followed by 
step 612, which ends method 600. 

[0144] In step 610, the graphic engine progresses to the next pixel cell in the cell buffer and the 
above step repeats. 
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[0145] Fig. 12 is used to demonstrate the method of Figs. 1 1 A and 1 IB. First, the sum fiU of 
each pixel cell with edges are determined in method 400. A pixel 1 includes an edge 618 having 
a left fill style fO and a right fill style fl . As left fill style fD is the leftmost fill style of the scan 
line, it is set to null. Thus, the sum fiU for pixel 1 becomes: 

cell(l).sum^fill = (fl - fO) = (fl - 0) = f 1 . (19) 

[0146] A pixel 4 includes (1) an edge 624 having a left fill style fl and right fill style fO, and (2) 
an edge 626 having a left fill style fO and a right fill style f2. Thus, the sum_fill for pixel 4 
becomes: 

cell(4).sum_fill = (fl) - f 1) + (f2 - fO) = f2 - fl . (20) 

[0147] A pixel 6 includes (1) an edge 628 having a left fill style f2 and a right fill style fO, (2) an 
edge 630 having a left fill style fO and a right fill style fi, and (3) an edge 632A having a left fill 
style f3 and a right fill style ft). Thus, the sum_fill for pixel 6 becomes: 

cell(6).sum_fill = (fl) - f2) + (f3 - fl)) + (fl) - fi) = fl) - f2. (21) 

[0148] A pixel 7 includes edge 632 having left fill style f3 and right fill style fl). The sum fiU 
flag for edge 632B in pixel 7 is not set because edge 632B does not touch the bottom of pixel 7. 
Thus, the sum fill for pixel 7 becomes: 

cell(7).sum_fill = 0 . (22) 

[0149] After the sum_fills for the pixel cells are calculated, the fill styles of pixels untouched by 
any edges are calculated using method 600. For pixel 1, the graphic engine increments fa by 
cell(l).sum_fill, which is fl. For pixel 2, the graphic engine fills its pixel cell with fa, which is 
fl . For pixel 3, the graphic engine fills its pixel cell with fa, which is still fl . For pixel 4, the 
graphic engine increments fa by cell(4).sum_fill (i.e., fl + f2 - fl = f2). Thus, fa is now f2. For 
pixel 5, the graphic engine fills its pixel cell with fa, which is f2. For pixel 6, the graphic engine 
increments fa by cell(6).sum_fill (i.e., f2 + fl) - f2 = fl)). For pixel 7, the graphic engine 
increments fa by cell(7).sum_fill (i.e., fl) + 0 = fl)). For pixel 8, the graphic engine fills its pixel 
cell with fa, which is now fD. 
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[0150] Using the method of Figs. 1 1 A and 1 IB, the graphic engine is able to draw the edges in 
any natural order by which the 2D figure is formed in various composing tools without changing 
the result of parameter sum_filL Furthermore, the graphic engine does not need to calculate the 
geometrical position of edges that passing through one pixel to determine which is to the right or 
left of the other. 

[0151] Various other adaptations and combinations of features of the embodiments disclosed are 
within the scope of the invention. Numerous embodiments are encompassed by the following 
claims. 
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